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Dispersion effects in elastic electron scattering from 208Pb
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Dispersion corrections to elastic electron scattering from 208Pb at energies up to 150 MeV are estimated within
the second-order Born approximation. All strong transient nuclear excited states with angular momentum up to
L = 3 and natural parity are taken into consideration. It is found that at small scattering angles the high-lying
L = 1 isovector states provide the dominant contribution to the dispersive change of the differential cross section
and of the beam-normal spin asymmetry. At the back-most angles these changes are considerably smaller and
are basically due to the isoscalar L = 2 and, to a lesser extent, L = 3 states. In comparison with the findings
for 12C, the dispersive cross-section modifications for 208Pb are significantly larger, while the spin-asymmetry
changes are much smaller at all angles. The latter originates from the destructive interference of the multipole
contributions in 208Pb that switch sign when proceeding from L to L + 1. This mechanism might be the origin of
the small beam-normal spin asymmetries recently measured in 208Pb at much larger energies.
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I. INTRODUCTION

The influence of transiently excited nuclear states in high-
energy elastic electron-nucleus scattering has attracted a great
deal of interest lately, both experimentally [1–5] and theoret-
ically [6,7]. A yet unresolved problem concerns the influence
of these dispersion effects on the spin asymmetry for electrons
polarized perpendicular to the beam axis. Such experiments
were carried out at GeV collision energies and small scattering
angles, and in the case of 12C and other light target nuclei they
could be explained by calculations profiting from the relation
between dispersion and the experimental forward Compton
scattering cross section [2,3]. However, the measured asym-
metry for 208Pb was more than an order of magnitude smaller
than predicted by this theory [2,5]. This discrepancy could not
even be remedied by applying, instead of the second-order
Born approximation, a nonperturbative treatment of the dis-
persion effects [8].

Another topic of interest concerns precision experiments
at beam energies between 50–150 MeV and larger scat-
tering angles, to be performed at the Mainz MAMI and
MESA facilities in the near future. Carbon targets are en-
visaged for test studies concerning parity violation [9,10],
where the occurrence of a beam-normal spin asymmetry is
an unwanted background effect. Also the use of lead or gold
targets is planned for low-energy Mott polarimetry in order
to determine the degree of beam polarization for the MESA
experiments [11].

In the present work we investigate whether the nuclear
dipole excitations which dominate the photoabsorption cross
section [12,13]—as employed in [6,8] at large collision
energies—really govern the dispersion effects for the 208Pb
nucleus as they do for 12C at electron beam energies between

tenths and hundreds of MeV and for a large range of scattering
angles.

In order to estimate the influence of dispersion on elastic
electron scattering, early work [14,15], particularly for 12C
[16], introduced closure approximations for coping with the
sum over the nuclear excitations. An explicit inclusion of
transiently excited nuclear states was carried out by De Forest
[17] and Bethe and Molinari [18] within the harmonic os-
cillator model. More advanced calculations considered a few
excited nuclear states within a close-coupling formalism [19],
or within the related eigenchannel theory [20] using collective
nuclear models.

In the prescription given below, both isoscalar and isovec-
tor excitations of the 208Pb nucleus up to an angular
momentum L = 3 are taken into consideration within the
Born approximation. The required charge and current tran-
sition densities for these excited states are calculated within
a self-consistent Hartree-Fock (HF) plus random phase ap-
proximation (RPA) [21,22], successfully used in the literature
to describe the nuclear structure and collective excitations
[23–25]. The method is based on the Skyrme parametrization
SkP [26] which provides the correct level density of states
at the Fermi surface. This choice helps to furnish a reason-
able description of collective excited states up to the giant
resonance region, that is, those expected to dominate in our
analysis. By investigating a total number of ten intermediate
states, up to an excitation energy of 30 MeV, the assumption
[18,27] whether the dipole states in the giant resonance region
contribute predominantly to the dispersive changes of the spin
asymmetry is also tested here. For the carbon nucleus, this
conjecture could be verified in the case of not too high mo-
mentum transfer, by considering three prominent states with
L � 2 [28].

2469-9985/2023/108(3)/034314(10) 034314-1 ©2023 American Physical Society

https://orcid.org/0000-0002-2100-6407
http://crossmark.crossref.org/dialog/?doi=10.1103/PhysRevC.108.034314&domain=pdf&date_stamp=2023-09-27
https://doi.org/10.1103/PhysRevC.108.034314


D. H. JAKUBASSA-AMUNDSEN AND X. ROCA-MAZA PHYSICAL REVIEW C 108, 034314 (2023)

The paper is organized as follows. Section II contains a
brief description of the theory and a presentation of the form
factors for the dominant nuclear excitations. In Sec. III results
for the dispersive cross-section and spin-asymmetry changes
at impact energies of 56 MeV and 150 MeV are provided.
A comparison with the results for the 12C target is given
as well. The conclusion is drawn in Sec. IV. Atomic units
(h̄ = m = e = 1) are used unless indicated otherwise.

II. THEORY

Only dispersion effects will be considered here, while
the other radiative corrections are discussed, e.g., in [29,30].
When, to lowest order, the two-photon-exchange or box-
diagram contribution is included, the differential cross sec-
tion for electrons, spin-polarized in the direction ζi and
scattering elastically into the solid angle d� f , is given by

dσbox

d� f
(ζi ) = |k f |

|ki|
1

frec

∑
σ f

[ | fcoul|2 + 2 Re
{

f ∗
coulA

box
f i

}]
,

(2.1)

where ki and k f are, respectively, the momenta of ingoing and
scattered electron. The transition amplitude fcoul describes the
leading-order potential scattering by the nuclear target field
VT , from which the (Coulombic) cross section is derived:

dσcoul

d� f
(ζi ) = |k f |

|ki|
1

frec

∑
σ f

| fcoul|2. (2.2)

A sum over the spin projections σ f of the scattered electron
is included. Recoil is accounted for in fcoul by a reduced colli-
sion energy Ē = √

(Ei − c2)(E f − c2) and by the kinematical
recoil factor

frec = 1 − q2 E f

2MT c2 k2
f

(
1 − c2

MT E f

)
, (2.3)

where q = ((Ei − E f )/c, ki − k f ) is the four-momentum
transfer to the target nucleus, with Ei and E f the total energies
of initial and final electron, respectively, and MT is the target
mass number. The dispersion amplitude Abox

f i is calculated by
means of the Feynman box diagram in second-order Born
theory [16,31],

Abox
f i =

√
EiE f

π2c3

∑
LM;ωL �=0

∫
d p

×
3∑

μ,ν=0

1(
q2

2 + iε
)(

q2
1 + iε

) tμν (p) T μν (LM, ωL ).

(2.4)

The denominator results from the two-photon propagator with
q1 = ki − p and q2 = p − k f , where p = (Ep/c, p) is the
four-momentum of the electron in its intermediate state, which
enters into the electronic transition matrix element tμν ,

tμν (p) = c u
(σ f )+
k f

γ0γμ

Ep + cαp + βmc2

E2
p − p2c2 − m2c4 + iε

γ0γν u(σi )
ki

.

(2.5)

FIG. 1. Truncated level scheme of the 208Pb nucleus (see text
for details). Shown are the strong Lπ states with L � 3 (together
with their excitation energies up to 15 MeV) that are included in the
calculation of dispersion.

In accordance with the second-order Born approximation, the
electron is represented by the free four-spinors u(σi )

ki
and u

(σ f )
k f

relating to the spin projections σi and σ f , respectively. The
symbols α, β, γμ, μ = 0, . . . , 3 are Dirac matrices [31].

The nuclear transition matrix element Tμν accounts for the
virtual excitation of the nucleus into the state |LM, ωL〉 with
angular momentum L, magnetic projection M, and energy
ωL. For 208Pb, the predominantly excited states of low angu-
lar momentum (L � 3) are shown in Fig. 1. For illustrative
purposes, the energies of the lower four states are adopted
from the measurements, while the energies of all higher-lying
states are taken from theory [24]: the present SkP HF + RPA
and the quasiparticle phonon model [32]. It is to be noted
that we are only considering nuclear states with natural parity
since in general such electric transitions are much stronger
than the magnetic excitations of the odd-parity states for the
kinematics considered here.

Thus Tμν describes the excitation of the ground-state nu-
cleus |0〉 and its subsequent decay into the ground state,
mediated by the transition density operator Ĵ = (
̂, Ĵ),

Tμν (LM, ωL ) = 〈0| Ĵμ(q2)|LM, ωL〉〈LM, ωL| Ĵν (q1)|0〉. (2.6)

Introducing the transition charge density 
L,ωL and the
current densities JLλ,ωL (with λ = L ± 1 for the electric transi-
tions considered here [33]) as calculated from the SkP HF +
RPA and changing to Fourier space in terms of the charge
form factor F c

L and the transverse electric form factors Fte
Lλ

defined by

F c
L,ωL

(q) =
∫ ∞

0
r2 dr 
L,ωL (r) jL(qr),

Fte
Lλ,ωL

(q) =
∫ ∞

0
r2 dr JLλ,ωL (r) jλ(qr) (2.7)

with jL denoting spherical Bessel functions, the multipole
decomposition of the respective transition matrix elements
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FIG. 2. Form factors for the 1− states in 208Pb at (a) 12.3 MeV and (b) 14.2 MeV as a function of momentum transfer |q|. Solid lines are
the charge form factor F c

L ; dashed dotted lines are transverse electric form factor F te
L,L+1; dashed lines are transverse electric form factor F te

L,L−1.

can be written as [34–36]

〈LM, ωL| 
̂(q) |0〉 = 4π iL F c
L,ωL

(|q|) Y ∗
LM (q̂),

〈LM, ωL| Ĵ(q) |0〉 = −4π i
∑

λ=L±1

iλ Fte
Lλ,ωL

(|q|) Y ∗M
Lλ (q̂), (2.8)

for a target nucleus with spin zero in its ground state. The
angular functions YLM and Y M

Lλ are, respectively, spherical
harmonic functions and vector spherical harmonics [37]. The
form factors for a selection of excited states are displayed in
Fig. 2 for L = 1 and in Fig. 3 for L = 2.

In order to split Abox
f i into a Coulombic part and a transverse

electric (also termed magnetic) part, the gauge invariance is
profited of by means of the decomposition [38]

gμν

q2
i + iε

= − 1

q2
i

δμ0δν0 − δmn − q̂i
mq̂i

n

q2
i + iε

δμmδνn, (2.9)

where gμν is the metric tensor, i = 1, 2 and q̂i
m = qm

i /|qi|
(with m = 1, 2, 3) are the reduced components of qi. Making
use of

T μν (LM, ωL ) =
∑

,τ

gμ
gντ T
τ (LM, ωL ) (2.10)

and inserting it together with Eq. (2.9) into the formula (2.4),
it is seen that Abox

f i consists of four contributions,

Abox
f i =

∑
L,ωL

[
Ac

f i(L, ωL ) + Ate1
f i (L, ωL )

+ Ate2
f i (L, ωL ) + Ate3

f i (L, ωL )
]
. (2.11)

The Coulombic contribution Ac
f i results from μ = ν = 0 in

Eq. (2.9) for q1 and q2 and hence contains the denominator
q2

2 · q2
1. The transverse electric terms Ate1

f i and Ate2
f i originate

from μ = ν = 0 for q2, respectively, for q1. In the last term,
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FIG. 3. Form factors for the 2+ state in 208Pb at (a) 4.085 MeV and (b) 10.9 MeV as a function of momentum transfer |q|. Legend as in
Fig. 2.
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Ate3
f i , one has μ, ν ∈ {1, 2, 3} for q1 and q2. Explicit expres-

sions for these terms are provided in [36].

III. RESULTS

The leading-order contribution to elastic scattering is ob-
tained from the phase-shift analysis for potential scattering
[39]. The Coulombic nuclear potential VT is derived from the
208Pb ground-state charge density distribution, given in terms
of a 17-term Fourier-Bessel representation [40]. The phase
shifts are obtained by solving the corresponding radial Dirac
equations with the help of the FORTRAN code RADIAL [41].
The determination of fcoul involves weighted summations of
the phase shifts which are performed with the help of a three-
fold convergence acceleration [42]. This, however, leads to a
divergent cross section at 0◦ such that restriction is made to
ϑ f � 10◦. For the dispersion contribution five dipole states
are taken into account, the lowest 1− state at 5.512 MeV and
four strong states in the giant dipole resonance region at 12.3,
14.2, 14.6, and 15 MeV. In addition, three quadrupole states
are included, the lowest 2+ state at 4.085 MeV, the dominant
isoscalar one at 10.9 MeV, and one of the strong isovector ones
at 21.6 MeV. In addition the strong collective 3− state at 2.615
MeV (which is the lowest excitation of the 208Pb nucleus) and
an isovector state at 28.94 MeV are considered, omitting the
weak higher 3− isoscalar states.

The three-dimensional integrals required for the evalua-
tion of Abox

f i are carried out numerically as described in [36].
The Coulombic term Ac

f i is easily handled if the singular-
ity of the electron propagator (2.5) in the polar integral is
extracted analytically. Particular convergence problems are,
however, encountered in the third magnetic term Ate3

f i , where
a logarithmic singularity arises when the pole from the elec-
tron propagator coincides with the singularity of one of the
photon propagators (which occurs near |q| = 2ωL/c for each
state). We note that a similar deficiency occurs in the elastic
second-order Born approximation [16]. However, no singu-
larity is present in the nonperturbative phase-shift analysis for
potential scattering. In fact it has been shown that this loga-
rithmic second-order Born singularity is canceled by adding
higher-order Born terms. Therefore, the singularities in Ate3

f i
are considered as spurious, in particular because they affect
only a small angular region (see, e.g., Fig. 6 in [28]). In the
presentation of our results, q values too close to the singular-
ities are mostly avoided and a spline interpolation across the
singularities is used instead.

A. Differential cross section

All results shown in this subsection include an average over
the two initial-state spin projections,

dσ

d� f
= 1

2

(
dσ

d� f
(ζi ) + dσ

d� f
(−ζi )

)
. (3.1)

Figure 4 displays the phase-shift result for 56 MeV and
150 MeV electrons colliding with 208Pb. While for 56 MeV
the differential cross section decreases monotonously with
angle, diffraction oscillations occur at the higher collision
energy.
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FIG. 4. Differential cross section dσcoul
d� f

for electrons of 56 MeV

(solid lines) and 150 MeV (dashed lines) colliding with 208Pb as a
function of scattering angle ϑ f .

The dispersive correction to the Coulombic cross section is
defined by

�σbox = dσbox/d� f − dσcoul/d� f

dσcoul/d� f
. (3.2)

From the linearity of the dispersive cross section (2.1) in
Abox

f i , the contributions of the various excited nuclear states
are additive, such that

�σbox =
∑
L,ωL

�σbox(L, ωL ) (3.3)

is also additive in the cross-section change induced by a par-
ticular nuclear state characterized by L and ωL. The angular
distribution of �σbox for collision energies of 56 MeV and
150 MeV is displayed in Fig. 5.

The total cross section change (3.3) is very small, well
below 0.5% at 56 MeV, increasing to some extent with en-
ergy. The dip at 30◦ [Fig. 5(a)], which is not present in the
Coulombic contribution [pertaining to Ac

f i in Eq. (2.11)], is
an effect of the afore-mentioned logarithmic singularity for
the states in the giant dipole resonance region. Analyzing the
influence of the nuclear excitations with fixed L, it is seen that
the main contribution in the forward hemisphere originates
from the dipole states, whereas at backward scattering angles
the quadrupole states and the lowest octupole state become
important. There is a strong increase of �σbox with angle
beyond 90◦ at 56 MeV and beyond 35◦ at 150 MeV. This onset
corresponds to a momentum transfer of |q| ≈ 0.4 fm−1 [if one
approximates |q| ≈ (2Ei/c) sin(ϑ f /2), valid for Ei 
 c2 and
moderate recoil], where F c

1 is peaked (Fig. 2).
At the higher collision energy [Fig. 5(b)], the total

cross-section change is quite close to its Coulombic contri-
bution in the whole angular range considered. In contrast
to the behavior at 56 MeV, the contribution from the L = 3
excitations becomes dominant beyond 80◦. This shows that
for an increased momentum transfer the nuclear states of
higher multipolarity come into play.
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FIG. 5. Cross section change �σbox in (a) 56 MeV and (b)
150 MeV e + 208Pb collisions as a function of scattering angle ϑ f .
Shown are the summed contributions from the L = 1 states (dashed
lines), from the L � 2 states (dash dotted lines), and from the L � 3
states (solid lines). Also shown is the Coulombic contribution per-
taining to Ac

f i for L � 3 (dotted line).

B. Spin asymmetry

The spin asymmetry is defined as the relative cross-
section difference when the initial spin vector ζi is flipped. For
perpendicularly polarized electrons this leads to the Sherman
function S, which for Coulomb potential scattering without
dispersion effects is given by

Scoul = dσcoul/d� f (ζi ) − dσcoul/d� f (−ζi )

dσcoul/d� f (ζi ) + dσcoul/d� f (−ζi )
. (3.4)

It is shown in Fig. 6 for 56 MeV and 150 MeV. The oscilla-
tions of Scoul at the higher collision energy, which are much
more pronounced than those in the differential cross section,
reveal that the spin asymmetry is more sensitive to details of
the theoretical models than the spin-averaged cross section.
From the definition (3.4) it follows that the extrema of Scoul

correspond to the cross-section minima (see Fig. 4). At 150
MeV, Scoul has its maximum of 3.4×10−2 at ϑ f = 179.78◦.
At 56 MeV, where dσcoul/d� f is structureless, Scoul decreases
monotonously to its minimum of −0.47 at 179.4◦.
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FIG. 6. Spin asymmetry Scoul for perpendicularly polarized elec-
trons colliding with 208Pb at 56 MeV (solid lines) and 150 MeV
(dashed lines) as a function of scattering angle ϑ f .

When dispersion is included, the spin asymmetry is calcu-
lated from

Sbox = dσbox/d� f (ζi ) − dσbox/d� f (−ζi )

dσbox/d� f (ζi ) + dσbox/d� f (−ζi )
. (3.5)

In accordance with Eq. (3.2), the relative change of the
Coulombic Sherman function Scoul by dispersion is defined by

dSbox = Sbox − Scoul

Scoul
. (3.6)

It should be noted that Eq. (3.6) is not well defined in the
vicinity of a zero of Scoul, which for 208Pb occurs at an angle
ϑ f = 16◦ for 56 MeV and at ϑ f = 8.2◦, 109◦, 132◦, and
167◦ for 150 MeV collision energy (see Fig. 6).

For small dispersive cross-section changes as occur at low
collision energies (Ei � 150 MeV), one has an approximate
additivity of Sbox and dSbox with respect to the contributions
of the various nuclear intermediate states,

Sbox ≈
∑
L,ωL

Sbox(L, ωL ) − (NL − 1) Scoul,

dSbox ≈
∑
L,ωL

dSbox(L, ωL ), (3.7)

where NL = 10 is the total number of the considered states.
The angular dependence of the contributions dSbox(L, ωL ) is
provided in Fig. 7. In order to elucidate the influence of mag-
netic scattering, the Coulombic contribution dScoul

box (L, ωL )
[relating to Ac

f i(L, ωL )] is shown in addition.
Figure 7(a) displays the results for the two dominant dipole

states at 12.3 MeV and 14.2 MeV excitation energy. It is seen
that for the 12.3 MeV state, one has basically Coulombic scat-
tering in the backward hemisphere, but magnetic scattering at
small angles which leads to a steep increase of |dSbox| with
decreasing angle. For the 14.2 MeV dipole state, magnetic
scattering is important at all angles. The behavior of the two
other high-lying dipole states at 14.6 and 15 MeV is quite
similar [Fig. 7(b)], their contribution to dSbox being slightly
smaller.
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FIG. 7. Change dSbox(L, ωL ) of the Sherman function from 56 MeV e + 208Pb collisions as a function of scattering angle ϑ f . Shown in
(a) are the results for the dipole states at 12.3 MeV (solid lines) and at 14.2 MeV (dash dotted lines). Included is the Coulombic contribution
for the 12.3 MeV state (dashed lines) and for the 14.2 MeV state (dotted line). Shown in (b) are the results for the dipole states at 14.6 MeV
(solid lines) and at 15 MeV (dash dotted lines). Included is the Coulombic contribution (dashed lines) which coincides for the two states.
Shown in (c) are the results for the quadrupole states at 4.085 MeV (solid lines) and at 10.9 MeV (dash dotted lines) as well as their Coulombic
contribution (dashed lines, 4.085 MeV; dotted lines, 10.9 MeV). Also displayed is the result for the octupole state at 2.615 MeV (dash triple
dotted lines) which coincides with its Coulombic contribution. Displayed in (d) are the results for the 1− state at 5.512 MeV (dash dotted
lines), for the 2+ state at 21.6 MeV (solid lines), and for the 3− state at 28.94 MeV (dashed lines).

The results for the two isoscalar L = 2 states are shown
in Fig. 7(c). It is seen that the 4.085 MeV state provides
a Coulombic behavior at nearly all angles, while the spin-
asymmetry change by the 10.9 MeV state is considerably
influenced by magnetic scattering at the angles below 70◦.
Indeed, one may derive this behavior from the form factors
displayed in Fig. 3(b). It is seen that the transverse electric
form factor Fte

21 largely compensates the Coulombic F c
2 up

to |q| ≈ 0.3 fm−1. At Ei − c2 = 56 MeV, this corresponds
to ϑ f � 65◦, in good accord with the diminished magnetic
influence on dSbox(L = 2, ωL = 10.9 MeV) beyond 70◦. In-
cluded in Fig. 7(c) is the collective L = 3 state at 2.165 MeV
which is purely Coulombic and which contributes signifi-

cantly to dSbox at the backward angles, together with the two
L = 2 states.

The low-lying dipole state at 5.512 MeV [Fig. 7(d)], again
strongly magnetic, as well as the isovector octupole states
(like one of them, at 28.94 MeV) contribute negligibly to
dSbox. The same is true for the isovector quadrupole states,
except possibly at the smallest angles, (see the result for the
21.6 MeV state).

Figure 8(a) displays the total spin-asymmetry change in
comparison with the partial sums over L = 1 and over L � 2
for the collision energy of 56 MeV. Clearly, dSbox origi-
nates basically from the high-lying dipole states up to about
ϑ f = 120◦. Beyond that angle, the L = 1 excitations become
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FIG. 8. Change dSbox of the Sherman function from (a) 56 MeV
and (b) 150 MeV e + 208Pb collisions as a function of scattering
angle ϑ f . Shown are the summed contributions from the dipole states
(dashed lines), from the L � 2 states (dash dotted lines), and from the
L � 3 states (solid lines). Included is the Coulombic contribution for
L � 3 (dotted lines).

unimportant and the isoscalar L = 2 and L = 3 states take
over. Included is the Coulombic contribution to dSbox which
is close to zero in the whole forward hemisphere.

Figure 8(b) provides the respective results for 150 MeV
collision energy. Because of the diffraction structures of Scoul

at the higher angles (see Fig. 6) which falsify dSbox as calcu-
lated from Eq. (3.6), only angles up to 50◦ are considered. In
that region L � 2 hardly contribute, and the dispersion effect
is basically induced by the magnetic part of the excitation
which arises from the last three terms in Eq. (2.11).

C. Comparison with the 12C target

In the earlier work on 12C [28,36] three transient nuclear
excitations were taken into account, two strongly dominant
dipole states in the giant resonance region at ωL = 23.5 MeV
and 17.7 MeV, and the lowest quadrupole excitation at
4.439 MeV.

Guided by the present results for 208Pb, a few strong excita-
tions with L � 3 are additionally taken into account. These are
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FIG. 9. Form factors for (a) the 2+ state at 9.84 MeV and (b) the
3− state at 9.64 MeV in 12C as a function of momentum transfer |q|.
Solid lines are the charge form factor F c

L ; dash dotted lines are the
transverse electric form factor F te

L,L+1; dashed lines are the transverse
electric form factor F te

L,L−1.

the second 2+ state at 9.84 MeV and also the lowest isoscalar
3− state at 9.64 MeV as well as the strong isovector 3− state at
14.8 MeV. The form factors for the two lower states are plotted
in Fig. 9. The form factors for the 14.8 MeV excitation are of
a similar shape as those for the 9.84 state, but are smaller by a
factor of 4.

It turns out, however, that the contribution of these ad-
ditional states can safely be neglected. In fact, it is mostly
well below 1% for the spin-asymmetry change and a few
percent for the cross-section change at impact energies up to
70 MeV (increasing with energy to at most 10% at 150 MeV).
The largest portion is provided by the 2+ state because
both its charge and transverse electric form factors are high
[see Fig. 9(a)], and we have included it in the results of
Figs. 10–12. The contribution of the octupole states is com-
pletely unimportant.
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FIG. 10. Total cross section change �σbox for 56 MeV electrons
colliding with 12C (dash dotted lines) and with 208Pb (solid lines) as
a function of scattering angle ϑ f .

In Fig. 10 the total dispersive cross-section change
(summed over L and ωL) for 56 MeV electrons colliding with
a carbon and a lead target is shown. While it is of similar
magnitude for both targets below 70◦, the dispersion effects
in the backward hemisphere are much larger for 208Pb than
for 12C.

A corresponding behavior is observed when at fixed angle
(say, 50◦) the impact energy is enlarged. Due to the increase of
momentum transfer, �σbox of 208Pb is eventually at 150 MeV
a factor of 8 above the one of 12C.

Figure 11 displays the results for the modification of the
Sherman function by dispersion. Its effect is at all angles
larger for 12C than for 208Pb, with a strong increase of |dSbox|
at ϑ f � 50◦ which is not imitated for 208Pb.

Finally a comparison of the energy distribution of dSbox at
a scattering angle of 50◦ is provided in Fig. 12. In order to
show the difference in shape between the results for 12C and
208Pb, dSbox for 208Pb is enhanced by a factor of 10. While for
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FIG. 11. Total change dSbox of the Sherman function for 56 MeV
electrons colliding with 12C (dash dotted lines) and with 208Pb (solid
lines) as a function of scattering angle ϑ f .

-0.2

 0

 0.2

 0.4

 0.6

 0.8

 1

 40  60  80  100  120  140  160

50o

12C

208Pb

x 10A
sy

m
m

et
ry

 c
ha

ng
e 

 d
S

Collision energy  Ei,kin  (MeV)

FIG. 12. Total change dSbox of the Sherman function for elec-
trons colliding with 12C (dash dotted lines) and with 208Pb (solid
lines) at ϑ f = 50◦ as a function of collision energy Ei,kin = Ei − c2.
The result for 208Pb is enhanced by a factor of 10.

12C the spin-asymmetry change keeps increasing with Ei,kin,
it diminishes in the case of 208Pb beyond 110 MeV.

There are several reasons for the suppression of dSbox for
a lead target (exemplified at 56 MeV and ϑ f = 40◦, 160◦).
Comparing the form factors of the dominant dipole excitation
for 12C and 208Pb, the shapes are similar, but the excitation
energy is much smaller in 208Pb. Since high-lying dipole
states are favored, this might explain a reduction by a factor
of up to 3. However, more important is a basic sign change in
dSbox when proceeding from L to L + 1. Since for 208Pb the
higher multipole states play a substantial role, there occurs
a strong mutual cancellation between the contributions of
different L. In 12C, on the other hand, it is basically just the
dipole states which are important at all momentum transfers
considered. A minor effect on the magnitude of dSbox results
also from the phase difference between the Coulombic
scattering amplitude f ∗

coul and the one for dispersion in
Eq. (2.1). This effect produces a slight reduction (up to 25%)
of the dispersive contribution to the cross section in the case
of 208Pb as compared to 12C.

IV. CONCLUSION

We have estimated the influence of dispersion on the elas-
tic scattering cross section and on the beam-normal spin
asymmetry from electron impact on 208Pb by considering ten
transiently excited states of multipolarity L � 3 within the
second-order Born approximation. We are confident that the
inclusion of merely these states provides a reliable estimate of
dispersion, since it turned out that the high-lying (isovector)
quadrupole and octupole states give a negligible contribution,
and that the lowest 3− state has a smaller effect than the most
important 2+ state, except at very high momentum transfer. As
conjectured from distorted-wave Born as compared to (plane-
wave) Born investigations for nuclear excitation, the use of the
second-order Born approximation for Abox

f i will lead to some
underprediction of the dispersion effects. However, in case of
the spin asymmetry it was shown that for momentum transfer
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|q| � 0.5 fm−1 (corresponding, e.g., to a collision energy of
56 MeV and ϑ f � 180◦) Coulomb distortion effects are still
small for a 208Pb nucleus [8].

We obtained the result that, like for the 12C target, the
excitations in the giant dipole resonance region supply the
dominant part of dispersion in the forward hemisphere, both
for the changes in the differential cross section and in the
Sherman function. This corroborates the model used in [6,8]
for the foremost angles. However, in contrast to 12C, dipole
transitions lose their importance in the backward hemisphere.
In that region, quadrupole and at collision energies as high as
150 MeV even octupole transitions take over, with a dispersive
cross-section modification well below 1% at all energies and
angles considered. The spin-asymmetry changes are much
larger, particularly at the smaller angles where they can reach
some 15%.

The importance of the excitation by the current-current
interaction can be related to the size of the transverse electric
form factors as compared to the charge form factor, which
varies strongly from state to state. The total dispersive changes
of the Sherman function are basically magnetic in the forward
hemisphere, and it is the transverse electric excitation which
leads to the strong increase of the spin-asymmetry change
when the scattering angle decreases. Even at backward angles,
magnetic scattering is of some importance. Concerning the
cross-section changes, magnetic scattering has a more moder-
ate influence.

When comparison is made with the results for a 12C target,
we have found that the cross-section changes are similar for

the two targets at the smaller angles, while in the backward
hemisphere they are one order of magnitude higher for lead
than for carbon. The reason, particularly at 150 MeV, is a
constructive addition of the multipole contributions for 208Pb,
such that �σbox is enhanced by the higher-multipole contribu-
tions.

As concerns the change in the spin asymmetry, it is in
fact much smaller for lead than for carbon at all angles.
This originates mainly from the destructive interference of the
multipole contributions in 208Pb, since dSbox(L, ωL ) basically
switches sign when proceeding from L to L + 1. For 12C
on the other hand, where the higher (L � 2) multipoles are
strongly suppressed, such cancellations do not occur.

In conclusion, we have verified the experimental observa-
tion that the influence of dispersion on the beam-normal spin
asymmetry is strongly suppressed for the 208Pb target, even
at the moderate collision energies considered here. While the
relevance of nuclear excitations decreases with impact energy
[5], a corresponding choice of smaller angles (as done in
the experiments) may nevertheless reinstate their significance.
Hence a study of such type of mutual cancellations at larger
energies may shed some more light into the current puzzle
of the beam-normal spin asymmetry in this nucleus. Since
moreover, even at fixed momentum transfer, the dispersive
contribution to the Sherman function increases considerably
with collision energy (according to the present investigations),
this can point to the importance of other processes which
influence the spin asymmetry for 12C and 208Pb in a different
way at very high energies.
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